theory. The result for general s follows easily.
We discuss here the special case when x l9 x 29 
where a is a number in K 9 unless
If K is of the first type, then a particular case, which includes the result of Besicovitch and is equivalent to it, arises when K is the rational number field, the x's are all real, the α's are integers, a r (r = 1, 2, , s) is exactly divisible by a prime power p r r (that is, by no higher power of p) with (Ct r , rc Γ ) = 1, the p r are all different, and p r is prime to a t when r ^ U The condition implied in (2) is satisfied, as follows easily from the lemma below.
When K is of the second type, the theorem is given by Hasse [2] , in the equivalent form that K includes all the nth roots of unity, where n is the least
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common multiple of n u n 2 i ••• > n s Hasse, however, is also investigating the relation of the Galois group of the field K(x i9 x 2 , > x s ) to those of K (x γ ), K(x 2 ), and so on, and so his proof is not particularly elementary. In view of all this, an elementary proof of the theorem may be worth while.
2. Lemma. We prove first, for completeness, a well-known result:
LEMMA. Let K be an algebraic number-field such that either K is real and the equation x n -a = 0, where a is in K, has a real root, or K contains all the nth roots of unity. Then the equation x n -a = 0 is reducible in K if and only if a is the Nth power of a number in K for some N > 1 dividing n. When K is of the first type, a real root is the root of an irreducible binomial equation in K. When K is of the second type, x n -a factorizes completely into binomial factors x m -b in K and irreducible in K.
Proof. Let us suppose that x n -a = 0 is reducible in K. Write it as the b's are in K, and f(x) is irreducible in K When K is of the first type, we may suppose x', a specified real root of x n -a = 0, is a root of f(x) = 0. All the roots of f(x) = 0 are roots of x n -a = 0, and so they have the form e'x' f where e' is an nth root of unity and x' is any specified root of x n -a = 0, but the specified real root when K is of the first type. From the product of the roots of/(*) = 0, where e is an nth root of unity. Hence x' is also the root of an equation X 3> **' » *s + i respectively less than n 2 , 7i 3 , ... , n s + 1 . Since 1/P O can be expressed as a polynomial in x 2 , x$ 9 ••• » *s + i with coefficients in K 9 we may take P o m 1. We write
and so on, according to the variable occuring in P x which we wish to emphasize.
Each root of the equation (4) in x can be written as
where €* ι » l
Hence from the product of the roots of (4), x t is also a root of an equation e/= ± P r , where e" 1 « 1, Also € β 1 when the field K is of the first type. Write This finishes the proof.
